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ATIOVTHOTE T TAQAKATW HLE TIS ATtaxQatnteg e&nNyNoeLs ek pLéQOUG OAG:

BOEMA 1°: [Temepaopéva avtopata kat opaAég YAWOOES.
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Eotw A puax opadn) (= kavovikr)) YAdooa emi evog addapitov L, ko é0tw Aa ot AéEelg g A mov éxovv
G&oTto unfkog, MAadn: Aa={A: A € A, kat Al =2v }. Eivat 1 yAdooa Aa emtiong opaAr);

T va amoonacovue and tnv A 60eg (kar uovov) Aéelg éxovv agtio mAN0og ovuPoAwv, agkel va TV
Tufjoovpe pe TV YAwooa A = { A € I*, uniog(A) = agtio }. Avtr) 1] YAdooa eivat opaAn (tnv avayvweilet éva
ATAO AVTOUATO UE 2 KATAOTATELS). ATO 0. kKAetoToTNTAG KAl 1) Aa = A N A glval opaAn.

‘Eotw otin A etvat opadr yAdooa, kat X < A. Elvat kat 1 yAwooa X emiong kat” avayknv opaAr);

H yAdooa {a, B}* eivat opadn (moodpavwe! — éva arTIokQATIKO AVTOUATO UE Pl HOVOV KATAOTAOT] AQKEL...)
aAAQ TO VTTOOVVOAOD TNG { aMPBM: 1 2 1} dev eivan (BA. onuelwTELs). Aga 1) mEOTAOT) dev LOXVEL KAT aAvAyKnV.

Botw Z={a, B }. Eivain yAdooa A ={ aBW 1 1c+tA =v, v =2} T opadr);

Nat n yYAwooa A megiéxet onotadnmorte (!) AéEn, agkel avtn va €XeL UNKOG K+A amo 2 Kol MAVW, KAL TA «0» Vi
mMEOTYOUVTAL TV «B». Mia opaAr) megryoadt) tng eivar {aaa*p*, afp*, BL*}.

Fotw X={1,2,457 9 xat A={A: A e ¥ karn A wg dexadkdg dapeitar akoipwg dwx 7 }. Etvar n
YAwooa A opadn);

Eivat: @a ogicovpe yU' avTtr)v éva AUTOUATO TOL €XEL TIG KATAOTACELS 0, 1, 2, ..., 6 (ta iBava vmodona dix 7),
pe v «0» wg agxikn (Kat POV AmMOdEKTIKN) KATAGTAOT), TETOO WOTE M AéEn A va to odnyei otnv
KATAOTACT U €AV KAL HOVOV €4V 1 A wg dekadikog (dnAadn o apOuog Tiur(A) ), diargovuevog dia 7 didet
vméAorrno = v. Eav e v A mape otnv kataotaon (A.x.) v =3, téte Tiun(A) = 7x+3. Av 01 ovvéxela diapaoovpe
70 Yndio ‘4’ € I, n véa Tiun tov A’ = A 4, eivar n: 10 Tiun(A) + 4 =10 (71c+3) + 4 = 7(10k) + 34 = 7(10k+4) + 6, kAL TO VEO
vMOAoITIO gival «6», aga amod «v=3» uéow o = ‘4, uetaaivovue oo «w=6». [Iagopola mEooOEéTovpe OAeg Tig
aAAec petapaceicyiao=1,2,5,7,9.

Etvat 1o magakdtw avtopato autiokeatikd 1§ Oxy Av 0XL, UTOQEITE VA TO TQEPETE TE AUTIOKQATIKO e
™V 1EO0ONKN €VOS KOUPOL-KATAOTAON KAl 0OCWVONTIOTE AKHWV, XWEIS va aAddéel n yAdooa mov
opiley;

Aev éxovpe Kevég HeTABAoELs, KAt and kKABe kataoTaon ¢pevyel akQIBWs And pa akpr) yia kabe éva ovupoAo
- e e€aigeon Tic kataotacels K3 (dev pevyer «a»), kar K4 (dev dpevyer «B»). IIgoobétovpe pa véa (un-
amodektikr) kataotaon K, kat tig peraaoceis Ks —(a)—> K, Ks —(f)—> K, K —(a)—> K, K -(B)—> K, kat to véo
QAVTOUATO ATIODEXETAL TV DL YADOOA KAL EIVAL ALTIOKQATIKO.

1 00: 10 oUUPOAO «O» T€ kK To MAN00G emavaAnPec.



OEMA 2°: Acuudpoaotucéc YADOTES Kol YOXUHUATIKEG.
(1) 10%  EotwI'n efnc yoappatu] enti tov aApapitov L ={a, 3, v, d, ¢, C}, pe adetnoiaro avufolo to I:
I-X1Y, X>aByZI, Y>aBdZl, Z »>Zel(
Todte v acvudpoaotucy yoapupatny I' oe artiokpatuc poodn.

Analdgipovpe o DiAnuuar» twv X , ¥ avrukabiotwvtag tov kavova I - X | ¥ pe tovg I - a B A, xat
A>YZIIDdZI
AnaAeipovue Tnv «agLoteen) avadgounp» Z — Z e | (, avukabotwvtag v petovg Z >0 72,2 > e 72" | @.

(2) 10%  EotwI nefnc yoapuatuy emitov Z={x, +,—, X, + 1,2, ..., 9 }, pe apetnowaxo ovupolo to E:
ES>EIIEIXxA, IT>+1-Ixl+, A=>1l2l..1o9

a) AwoTe éva CUVTAKTIKO DEVOQO YIx TN AEEN A =X1— X2+ X3 X X4 .
) Awote OAa T duvatd ouvTaKTIKA DEVdEA YL TV A.

B) kat Ta vTOAoIMA AVTIOTOLXOVV (GUVOTITIKG) OTA TMaAQANAvw 4 (de&ia).

a) ‘Eva E.A. eivat to e€ng (aplotepd),

(B) 10%  Eotw 6t n A etvar px aovudppactikyy YAdooa eni tov L ={a, B, v, 8}, kat A" ={ A: A € A, katn A
TeQLéxeL T ovUBoAx a M B (HOVOV) péxQLs evag onueiov, kal tae CVHBOAX Y 1§ O (UOVOV) ATtd ALTO TO
onpuelo kat peta}. Etvoun yAdooa A’ emiong aovudoaotiky;

H yAdooa T ={a, B} *{ vy, 0} * eivar opaAn, aga 1 toun tne pe tnv acvpudeactikr A eivar eniong
aovpdpoaotikr, (BA. onueloets, kKAeloToTNTA ACVUGEACTIKWY YAwoowv). Htoun AN T eivar n yYAwooa A'.

4) 10%  Todyte Vv e&ng yoappatuc] (He adetnolaro ovupBolo to I') oe kavovucr] poodr) Chomsky:
I-aBK, K>AKMIQ, A->Ia M —BI

TeAucd oOupora: 1> ABK, K> AKM | @, A »IA,M > BI, A > a, B> .
Anadeidpn X —» I I->ABK | AB,K—-> AKM | AM,A - IA,M —>BL,A—>a,B—p.
Mo6vo dimAd ovuBoAc: 1—SK | AB,S — AB,K—»TM | AM, T— AK, A - IA, M - BL, A - a, B> p.

(5) 10%  Awote g ROVUPGEACTIKT] YOAUUATIKTY Vi T YAwooa enti tov L =1 (, ), &, B, Y }, mov meQiéxel OAeg Ko
povov tic Aéfeic pe v e&ng poodn: (a ... By (B) (YY)IB)(a(yYP) Y- a(B)ap) dnAadn éva
Kelpevo pe wwopponnuévec maQevOEoels, oL eQLEXEL KAL OTIOLEOONTIOTE VTOAEEEIS Ao T TVUPOAa a,
B, Y avaueoa oe éva omowodnmote Cevyoc ovvtalpiacuévay napevOécewy kat povov exel — (Tx. 1 Aéln
(a) B () dev erurpémetal, Adyw g epPpavions tov P).

‘Evag to0mog okéng eivat o eéng:
1 YOAHUUATIKA TV 100QQOTMNUEVWY tagevOéoewvy éxet tnv pogdn I - 1 (1) | &. Eva omotodrynote keipevo K
Oldeton amd tovg kavoveg K - a K | B K | v K | @. T va BdAovue keipevo _omovdnmote_ aQiel va
toomnomnojogovpe tovg kavoveg oe I » KIK(KIK) K | @- aAdd avtd mov Ba magove moémnet va To kAgioovue
oe magevOéoels yia va gipaote OK, kat petd ag to magovpe 60es ¢pogéc BéAovpe. Aga ot kavidveg (ue aQxLko
ovppolo to II) eivar:

N->MIIi(n g

I-> KIK(KIK)K | @&

K>aKIBKIYKIJ



