Evornra 6
Karakeppartiopog
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"
KatakeppaTiopoc - Apxéc Aesitoupyiag

Eotw S c U éva alvoho kAeiBIwv Tpog amoBAKEUON. | Type LookUp(set S, Key k) {

Baoikn Idéa return(H[K]):

«Av To KAe18i k € S evé¢ aToixeiou s ATav aképaiog

apiBuog, Téte Ba Atav duvatd To k va amoTeAci deikTh oc évav Tivaka A, 6Trou To
oToixeio s Ba ATav amoBnkeupévo, 8nAadh Ba ioxue 6T A[K] = s».

= AV UTTApXE ATeIpog amoONKEUTIKOG XWPOoG, N eUpedn EVOC OTOIXEIOU GTO GUVOAOD
Oa cixe xpovikA TmoAuTtAokoThTa O(1).

® H uméBeon auTh civar avéQiKTn:
Q TTdvra umdpxel éva mavw épto m oto diaBéaipo Xwpo.
O H omardAn o pvAun givail geydAn étav To alvoAo £€xel Aiya aToixeia vy o
xwpo¢ U Twv KAg181Wyv eival TepdaTiog.

Ac UTT0B£o0UpE TTWC 0 XWPOC TWV KAEISIWV gival To gUVOAO TWV QUAIKWY
ap1Buwy.

Idéa

AToBnkeUoupe Ta oToIXeid Tou ouvoAou S ae évav Tivaka m Bégswv, Tou
ovopd{eTal Tivakag KATakepUATiodoU, Kai XpnoidoTroloUpe pid ouvdpthoh h n
omoia ameikovi{el To auvoho {0, ..., |U|} oTo alvoho {0,..m}. H ouvdpThon auth
AEYETAI ouvdpThon KaTakeppariopoU. To oToixeio He kKAeIdi k amoOnkeleTar oTh

eEOn A[h[k]] ToU Trivaka. HY240 - TTavayiwra &atoupou 2




* JE
Karakeppariopoc

ZuykpoUoeig (collisions)

Orav via 800 kAeidid K; kai K;, pe K; # K;, 10x0¢1 6T h(K;) = h(Kj) Aépe twg

ouppaivel alykpouaon.

‘Orav cuppaivouv cuykpoUaeig, Ba TTpETel va Yivouv KaTdAANAEG evépyeleg
(7.X. avakaravoph Twv KAEIdIWY He KatdAAnAo TpoTo) WaoTe va emAuBei n
oUykpouon Kai Ta KA€I181d va pmropolv va ppeBolv (éow Tng LookUp()) oe

AoyIkO XpOvo HETA TNV avakaravopn.

KaAéc Zuvapthoeig Karakeppariopol
Kavouv kaAn 81aokopTion Twv KAEISIWY OToV Tivakda.

Apxn AmnAng Opoidpoppng Katavopng Twv KAsidiwv

«Av éva kAe1di K emAéyeTal Tuxaia amod To Xwpo KAeidiwy, n mlavoTnTa va
1oxver h(K) = j, 8a mpémer va eivar 1/m, idia yia 6Aa Ta j, 1 < j <m (dnAadn

id1a yia 6Ae¢ TIc Béoeig Tou Tivaka)».

Tlapadeiypya Zuvaptnong Karakepuariopol
h(k) = k mod m
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MéBodocg EexwploTwv aAucidwv
H 6éon A[j] Tou mivaka

N

MéBodoi [ B 8
Aiaxeipiong ; 3

2 UyKpoUoEwv : s

KATAKEPHATIOUOU JeV TTEPIEXEI (o) ®
éva oToixeio aAAd éva deikTn oc
Hia duvapikh doph (TTou uAoTrolei 6| *T°6 6| *T°6
éva Aegikb), T.X. Hia AioTa, Rt 5|8
n otoia mepiéXel KAOe aToIXEiO 4 5 4
He kAe1di K TéTolo wote h(K) = j. . . g ;7
, 1 1
TlapaBewlua ' oSl o <10
AiadoxIkh eloaywyrh Twy
KAeidIwv 6, 9, 14,17,5, 7, 16, © )
20, 18, 19, 4, 11 o¢c évav
- Y 6| *16.20 6| *16.20
Tivaka KaTakepuaTiopou s pi—
7 Béocwyv pdoel Tng peBOdou 4 g i
ThG aAucidacg xpnhaoigotoiwvTag 3 17 3 et 17
TN OUVAPTNON KATAKEPHATIOUOU: 2| *19. 16 2| o101
h(k) = k mod 7 ; .
0 7,14 0 7.14
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" A
MéBodoc Alaxeipiong ZuykpoUoEWV TWV ZeXWPIOTWY
AAugidwv (separate chaining)

Insert(HashTable A, Key K) {
int pos;

pos = h(K),’ // gbpeon T TIPAG KATAKEPATIOWOU Tou oToiXeiou K Tou U Pdoel TG oUVAPTACEWS KATAKEPHATIOHOU
(eroaywyh Tou oToixeiou pe kKAei1di K otnv aAuacida ekeivn oThg omoiag
To TTPWTO OTOIXEIO JEiXvel o deikTng A[pos]);

// n gioaywyh pmopei va yiver iTe oThv apxh i 0To TéAog The aAuaidag

}

LookUp(HashTable A, Key k) {
pointer p; int pos;

pos = h(K),’ // €bpeon Thg TIHAG KATAKEPUATIGHOU Tou aToixeiou K Tou U Pdoel TG ouvapTAOEWS KATAKEPUATIGHOU
p= A[pOS]} // o p eivai eikTng oTo TMPWTO OTOIXEIO TG AAUTISAG
while (p!= NULL AND p->key I= K) p = p->next;

// &idoxion Thg ahuaidag péxpr eite va PpeBei To kAe1di K i va pBdooupe aTo TéAog Tng aAuaidag
return p;

}
Delete(HashTable A, Key K) {

int pOS = h(K); // €bpeon Tng TIPAG KaTakeppatiopol Tou oToixeiou K Tou U Pdoe ThG oUVAPTAOEWS KATAKEPUATIOHOU
(eUpeon kai diaypagh Tou aToixeiou K améd thv aAucida ekeivn oTng omoiag
To TPWTO aTOIXEIO BEiXvel o deikTng A[pos]);
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" J
MéBodo1 Aiaxeipionc Zuykpouoswv - MéBodo¢
=exwploTwy AAucidwv - AvdAuon TToAumAokoTnrac
Q ZuppoAiCoupe He n To PéyeBog Tou AeikoU Kal He m To HéyeBog Tou
Tivaka KATakepHaTiopou.

Anppa 1

2 ¢ pia dopn KATAKEPUATIOHOU He aAuaideg, n aToiXeiwy, To Hédo TTARBOC
oToIXEiwV TToU eival amoOnkeupéva o pia ahucida givai a = h/m (kai
HAAIoTa e TIBavoTnTa TTou Teivel ato 1).

@ To a cival yvwoTé w¢ apdyovracg ¢oéptou (load fator).

TToia givar n avapevopevn Xpovikf moAuthokoTnta piag LookUp() oe
TivaKa KATaKEPUATIoNoU opyavwpévou He Tn HEBodo Twv aAugidwy;
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* A
MéBodo1 Ailaxeipionc ZuykpoUoswv - MéEB0dOC =exwpIoTWV
AAucidwv - AvaAuon TToAumAokoTnrac

Q ZuppoAiCoupe pe S(a) To avapevopevo TARBOG TTpooPpdocwy aTh VAN TTOU
amaiTouvTal yia Thv ekTéAeon piag emtuxnuévng LookUp() (8nAadn piag LookUp()
oc KAe1di Trou uTtdpx el aThv Sopn).

Q ZuppoAiCoupe pe U(a) To avapevopevo TARBoC tpoopdoswy oTn UVAUN TToU
amaiTouvTal yia Thv ekTéAeon piag amotuxnpévng LookUp() (8nAadh piag LookUp()
oe KAe1di Trou dev umtdpxel aTnv dopn).

= U@=1+a.

S(a)
TTolog eivail o pégog apiBudc mpoopdocwy oTh HVARN TTOU amtaiTouvTal yid Hid
emiTuxnuévn avalitnon, av:
Q 1o péyeBog Tng aAuaidag eivar 1; 1
O 1o péyeBoc TnC aAuaidag civar 2; (1+2)/2
Q 1o péyeBog Tng aAuaidag civai K; (1+2+3+._+K)/K=(k+1)/2
Av 0Aec o1 ahucidec ATav Un-ddeieg, To avapevopevo URKkog kABe ahuacidag Ba ATav a,
omdte S(a) = 1+ (1+a)/2 = 3/2 +a/2.
Mia emituxnuévn LookUp moTé dev e€eTdler ddeieg ahuaideg. Mari?
QoTé00, To HAKOC ThG aAucidacg pTmopei va civai Aivo peyahUTtepo améd a:
S(a) = 2 + a/2 (auté éxel amodeixBei TeipapaTikd).
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MéBodo1 Aiaxeipionc Zuykpouoswv - MéBodo¢
=exwploTwy AAucidwv - AvdAuon TToAumAokoTnrac

XelpdTepn TepimTWON;
Ta n KA€181d £xouv Thv id1a TIUA KATAKEPUATIONOU Kail £Tal TomoBOeToUvTal 6Aa

aTnhv id1a aAuaida phkoug n. Xpovog LookUp() otn xeipdTepn mepimrwaon eivai
O(n) + xp6vo utoAoyiopol ThG OUVAPTNONG KATAKEPUATIOHOU.

® H emidoon Tn¢ HeOo6dou Tou KatakeppaTiogoU e€dpTdTal amod To Tdoo Kahd h
ouvApTNON KATAKEPUATIOHOU KATavEéHel To OUVOAO TWV TPOG €10aywyh KAEISIWY
oTIC m B£0€IC TOU Trivaka KATakeppaTiopou.

TToia gival n KatdAAnAn £miAoyA via To m;

Eivar emBupunTté To a va civai pia otaBepd, dpa Oa BéAape To m va emiAsyei
£to1 wote n/m € O(1).

TTéoo gUkoAa pmopoUpe va uAoTroinooupe diaypagh;
Eivai epikTd va uhomoinBei n diaypagh He eUKoAo TpdTo. Bpiokoupe péow
TNG OUVAPTNONG KATAKEPUATIOWOU TNV KaTAAAnAn aAucida atnv omoia Ba

TpéTel va gival amoOnkeupévo To Tpog diaypagh KAe1di kar To avalntolpue ot
auThv. Av To KAc18i PpeBci, diaypdeeTal.
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" JE
MéBodoc MikTwyv AAucidwv
(coalesced chaining)

Baoikh Idéa

A H aAucida amoBnkeleTal yéoa aTov Tivaka Trou gival oTaBepol
peyéBoug (ev amaiTeital Suvapiki Tapaxwphon VAUNG) = o
TiVAKAC EKTOC TNG ATTOBAKEUANG TWV dAAWV dedopévwy TTPETE! vd
TEPIEXEI KAl Hid OTAAN yid Thy amoBhkeuon Twy SeIKTWV (€aTw O6TI
auTo civar To Tedio next kABe oTolxEiou Tou Tivaka).

Q Otav oupPei alykpouon kai To TTedio next Tou aToixgiou TToU
TpokaAei Th alykpouan sival A, avalnteital n mpwrh d1aB&aoiun
Béon ekiviuvtag amd th Béon O Tou mivaka. ‘Eotw 611 n ©éon auth
givai n p.

0 To medio next Tou aToixeiou TTou TTpoKaAei Th cUyKpouon
gvhpepwveTal va deixver atnv p.

O Av 6Aeg o1 Béoeic Tou Tivaka kataAngBouv, oTroladnToTe
TePAITEPW £10aYWYN Oev gival EQIKTA.
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= JEE o [ A A A A A
’ 8 A A A A A A
MéBodo¢ . A - - -
. ’ 7 A
MikTWyY AAucidwv - Al et x
(coalesced chaining) 6| |2
) ) 5 A A A A A A
Tapadeiypa: Aiadoxikh A /\ A X
sioaywyh Twv KAeidiwv 71,52, 4 A A
12,56, 1,10, 90, 19 o¢ évav 4 A A A A 1 [A A
1Ti’VC1K(] KaTaKspuaTlguoo 10 A 52 1A 520 |[52 [0 52 | 0 0
Bégewv xpnoigomolvtag T 2
ouvapTnon karakeppariopow 1| 7L [ A [ {7 A |[TH{A (7| A 7113 3
h(k) = k mod 10 0 A Al A ]2 ]A 12 [ A 4
O Mmopei va diamAékovTal SiagopeTikéC aAuaideg, dnAadh pia aAucida |19 | A
uTopei va Tepiéx el KAEIBIA TTou £Xouv S1AQOoPETIKA TIUA A
Katakeppariopou (og avtiBeon ye Tn Pacikh péBodo The aAucidag 6m A
pia aAuaida mepiéxel povo KAe18id e Thy idia TIPA KATakeppariopou). 5 A
TTp6PAnua: Mia Béon oTnv omoia éxel ToToBeTnOei éva KAE1di yid To %0 |A
0TI0i0 N oUVAPTNON KATaKepUATIodoU kaBopilel dAAn Béon eioaywyng, 0 15
HTopei va pémel va amoBnkeUoel apydTepd To TpWTo KAEIdi [iag véag
aAugcidac. L A
Abon: To kAei1di TomoBeTeital oThv TTpW TN di1aBéoiun Béon kai ouvdéetal 52 | 0
oTo TéAoC TNG aAuaidag Tou KAeId10U TTou KaTéxel TNV apXIKh Oéaon. 71 |3
4
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S
MéBodoc MikTwyv AAucidwv

LookUp: 'Idia pe ekeivn Tng Pacikng pe@odou Tng aAuaidag.

1. Bpiokouye Tnv Tipn katakeppatiopou h(K) Tou mpog avalAtnon otoixeiou (Tou
goTw 611 £xe1 KAE1Bi K).

2. Av To KAc18i PpiokeTal aTov Tivaka Ba civar oe pia amé Tigc Oéoeig ou
KataAapPdvouv Ta oToixeia The aAuaidag mou ekivd amd Tn Béon h(K) Tou
Tivaka. AkoAouBoUpe Thv aAucida auTth péXp! €iTe va PppoUpe To KAeIdi TTou
avalnrdpe A va gBdooupe oThv TeAeuTaia O£on The aAucidac.

Tlapatnpnon: H kdBe aAucida iowg mepiéxel kAi1did yia Ta omoia h ouvdpThon
KATAKEPUATIOHOU Jivel JIAPOPETIKEG TIHEG.

Insert: 'Idia pe ekeivn ThG Pacikig peBodou TnE aAluaidag.

1. Bpiokoupe Thv Tiuf katakeppariopol h(K) Tou Ttpo¢ sioaywyh atoixeiou (Tou
goTw OTI £xel KAE13i K).

2. E€eTtdCoupe Thv Béon h(K) Tou mivaka. Av civai katelAnppévn, kai To edio
next Tng Oéong authg civar A, avalnTtoupe Thv TpwTh d1aBéoiun Béon oTov
Tivakd, {ekivivtag amé tn Béon O Tou Tivaka. AlapopeTikd, akoAouBoupe
Tnv aAuaida mou ekivd amd auth Th Béon kai 6Tav Bdooule oThv TeAeuTaia
Oéon Tng aAucidag, EekivivTag amod ekei, Ppiokoupe Thy eopévn eAcUBepn
©éon oTov Tivakd.
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Méeoaoc , 8 A ALlB6 [A |fs6 A |]|B6|A |]56]|A

Miktav L A
X . Y A A A A A

AAucidwv A A A A A |90 A

KeAdpt (cellar): Kpardue A 115210 [|52 |A |]|52 0 520 ||52 |0

Ir'if/;f:”f:c Béoeig Tou Jdraia 7z (A e a7z | |7t ]e |72 ]2

poévo yia Thv

€TIAUGN OUYKPOUTEWV. 2 A A A ] |A [0 5

AnAadh, av o mivakac éxel , A A 1 |A 1 |A 1 |A

m Béoeic, o1 mpuTEC ¢ Allz]A [[z [A [z ]A [[12]A |[[12 [A

amoTeAoUv To KeAdpl. H

ouvapTtnon Tlapadeiypa: AiadoxIKh A

KATAKEPUATIOHOU EXEI sloaywyh Twv KAe1div 71,52, | |56 | A

medio Tipv {c, ..., m-1}, 12,56, 1, 10, 90, 19 ot évav A

evl yia Thv emtiAuon Twv Tivaka katakeppariopol 10 19 |A

OUYKpoUaEwY Béocwv XpNOIHOTIOIWVTAG Th 90 | A

XPHGIUOWOICiTGI 6hog o ouvdapTnon KaTakepHaTiopou 52 |0

TIvVakag. h(k) = (k mod 10) mod 8 + 2 71 11

TTeipapatiki kal OcwpnTikA doUAeld £xel amodeiel 4TI av To 10 |5

KeAdpi gival To 14% Tou ouvoAikoU Ttivaka, n amédoon civai 1 6
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* A
Karakeppatiopdg pe Avoiktii AieuBuvaiodotnon (Open
Addressing Strategies)

O H péBodog aToxevel aThv 0pOR diaxeipion Tou eAelBepou XWpou Tou idiou Tou
Tivaka KaTakeppariopou.

QO OAa ta kA€1d1d amoBnkelovTal aTov Tivakd Xwpi¢ woTdoo va axnparifovrai
ahucideg (8ev xpnoigomoloUvTai 3EiKTEG).

QA MNa kdOe kAc1di eAéyxeTal Hia akoAouBia amd Béoeig Tou Tivakda, TTou ovopdleTal
akoAouBia e€éTaong. H mpwTn diaBéaiun Oéon Tou Tivaka pe Tn oeipd Tou
kaBopileTal amd Tnv akoAouBia auTh Ba oTeydoel To KAEIBi.

QO H akoAouBia kaBopileTal pdoel kdmolou kavéova (Tmou cuvhBwe Aapupdvel uToYn Tou
Kal To i810 To KA€1di).

Q ZuppoAiCoupe pe H(K,i) Tnv i-ooTh B£on Tou Tivaka Tou eAéyxoupe av ivai
d1aBéaipn yia 1o kAe1di K, i = 0, 1 ... (3nAadn, H(K,i) civai To i-00Td aToixeio Tng
akoAouBiag e€éTaong Tou KAei1dioU K).

LookUp(HashTable A, Key K)

Yage 1ic iadoxikéc Béaeic otnv akoAouBia e€étaong Tou K, péxp! cite va Pppebei To

KA€13i, i va PpeBei pia kevh Béan aTov Tivaka.
2.7n deUTepn TrepimTWaN, To KAEIdi dev UTTApXEl OTOV Trivaka.

Insert(HashTable A, Key K)
EkTtéAeon g LookUp(A K). Av To kAe18i PpeBei, o ahydpiBuog Teppariler. AidpopeTikd,
To véo KAe18i el0dyeTal oThv Keviy Béon Tou emiaTpépeTal amd Thv LookUp(A K).
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" JE 5 | e | 19
Karakeppartioyog pe 8 | ]
Avoiktiy AiguBuvoi0d6Tnon - - B
, 56 | | 56 56 || 56 56
Mpapuiki AvalATnon 90 | [ 90
AkoAouBia e€éTaonc 5 ] BRI 1 1
H(K.,0) = h(K): 4 | S ) —
// n pwTn Béon aTnv akohouBia kabBopileTar amod 12 12 12 12 12 12
// Thv TIh kaTakepuariopoU, 3hAadh eivar n h(K) Tou 3 | — —
Tivaka 2 52 52 52 || 52 52 || 52 52
H(K,i+1) = (H(K,i)+1) mod m; 717l {72 72 )72 | |7t ||72 || 7t
// n (i+1)-00Th Béon eivar n emdpevn, KUKAIKA (mod m) t — —
// oTov mivaka amé Th i-ooTh Oéon 0 10 10 10
TMapadeiypa

Niadoxikh eioaywyn Twy KA1y 71, 52, 12, 56, 1, 10, 90, 19 o¢ évav mivaka
kaTtakeppariopol 10 Béocwy XpnoIPoTOIWVTAG Th oUVAPTNON KATAKEPHATIOUOU
h(k) = k mod 10.

®» H amddoon Thg peBodou cival IKAVOTToINTIKA dTav o Tivakag dev £Xel TOAAG oToixeia.

X TTpopAnpa: E8aivopevo TTpwrapxikiAg Zuykévipwong (primary clustering)
Orav éva pmAok (cluster) pe ouvexdpeveg katelAnguéveg Béaeic dnpioupynBei,
amoTEAEI TTPOOPIOHO YIA TTEPAITEPW OUYKPOUOEIC, EVW VEEC TETOIEG GUYKPOUTEIC
0dnyoUv aTthv al€non Tou pey£OoUG ToU UTTAOK.
HY240 - TavayiwTta @atoUpou 14




" JE
Katakeppatiopdéc pe Avoikti AicuBuvaiodétnon

ApIOUOC amaITOUHEVWY TTPOOTEAAOEWY OTN UVAUN Yid UNn emiTuXNpévn
avalAtnon;

a

a

av n ouvdpTnon KAaTakeppaTiodoU eTIOTPEPE! Hid KEVA B€on Tou Tivaka;
Mia pévo mpooméAaon amaiteitail

av n ouvdpTnon KAaTakepUaTiopoU eTIOTPEPE! Hia KaTelAnppévn B€on Tou
Tivaka;

H avalhtnon Ba Tepuariosl Hévo agou e€eTdoel Kal To TeAeuTaio oToIXEIO
Tou cluster.

TTpoordBcia PeAtiwong
AkoAouBia e€éTaong

H(K,O) = h(K), // n mpwtn Béon oTnv akoAouBia kaBopileTal amd TNV TIUA KATAKEPHATIOHOU
H(K,i+1) = (H(K,i)"’C) mod M, // n (i+1)-00Th Béon mpog e€étaon eivai ¢ BéoeIg oTov Tivaka HETA Th i-00TH

// B¢an, KUKAIKA

T anmoTéAcopa Ba éxel auto To axhpa; Oa odnyolaoe oc kaAUTeph amédoon;

Kai To oxAua auté umogépel améd Ta gaivopevo dnpioupyiag HAKpWy akoAouBiwy
KaTelAnppévwy Béoewy, yvwaTé We @aivopevo deuTtepeliouoac OUYKEVTPWONG
(secondary clustering).
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Katakeppartiopoc pe Avoikti AisuBuvoiodoTnon
AimAdg Karakeppariopég (Double Hashing)

XpnoipomoloUvTal 3Uo oUVAPTACEIG KATAkepUaTiapoU, hy kai h,. H h; ovopdleTai
TpwTeUOUGA OUVAPTNON KATAKEPUATIOHOU, eV N h, deuTepelouaa.

AkohAouBia E€éTaang

H(K,O) = hl(K), // n mpwtn Béon oThv akoAoubBia e€éTaong kaBopileTar

// amé TNV TpWTApXIKA OUVAPTNON KATAKEPHATIOHOU hy

H(K, i+1) = (H(K, i) + hz(K)) mod m; // n eméuevn Tng Béang i aTnv akohoubia e€éTaong eivai n B¢an Trou

// ppiokeTar h,(K) B¢oeig petd Th Béon i oTov mivaka, kukAikd (mod m)

Q H akoAouBia e€éTaong Tou TpokUTTEl Pdael ThG HEBOBOU TNEG YPAUHIKAG
avalATnong civai idia pe ekeivh ToU TPOKUTITEI Pdoel Thg HEBOBoU Tou BITTAoU
kartakepuatiopou 6tav h,(K) = 1, ¥ kAeidi K.

® H akoAouBia e€éTaong mpémel va epiéxel OAeg TiIg Oéoeig Tou Tivaka.

» TTpémer va 1oxVel 6T1 h,(K) > 0.
* Ta h,(K) kai m dev mpémel va éxouv koivoUg SiaipéTeg. IMari;
‘BEotw 671 évag apiBuoég d amoTeAei koivo diaipéTn Tou h,(K) kar Tou m.
Torte, [(m/d)h,(K)] mod m = [m(h,(K)/d)] mod m = 0.
Apa, n (m/d)-ooti i Béon oThv akoAouBia Ba civai n idia 6TWE K TPWTN.
Tia To Adyo autd, diaAéyoupe Tov m va gival TpwTog ap1Budc.
HY240 - TTavayiwra &atoupou 16




Katakeppatiopdéc pe Avoikti AiguBuvaiodétnon

AimAéc Karakeppartiopdc

TMapadeiypa . — — ©
Eotw 671 hy(K) = k mod m kai || I .

h,(K) = (Kmod 3) + 1. 7 L

Ai1aoxIKA €10aywyh TWV KASIBIWY 6 ] 56 |16 [ |56 |[56 | |56
71,52,12,56, 1,10, 90, 19 oc 5 1 1 1 1
évav mivaka katakepuatiopol 10 —] — 1 50 | [0
Béocwv. 4 || -

Eivai afioonpciwTo To TI : | 2 li i |l
ouppaivel dTav yiveTar n elcaywyn 2 3 52 3 3 sl | N
Tou 1. H akohouBia e€étaong eivar  + | 7L || 7t | {7t |72 ({72 |7t [|72 || 7t
1,1+2=3, 3+2=5,5+2=7, 9, K.0K., B [ | [0 ][w0] [0

apoU h,(1)= (1 mod 3) +1=2. - —

H ©éon 1 Tou mivaka civar kateiAnppévn, omote eeTaleTal To 20 aToiXeio aThv
akoAouBia (3nAadh n Béon 3 Tou mivaka) h oToia givail emiong KaTeIAnupévn.
To 30 oToixeio TN akoAouBiag ival n Béon 5 Tou Tivaka, n oToia civai
d1aBéaiun. Apa, To otoixeio 1 amoOnkeleTar othv Béon 5 Tou Tivaka.

HY240 - TTavayiwTta &artoupou 17

" JE
Katakeppariopéc pe Avoiktii AisuBuvoioddTnon
AimAdc Katakeppatiopoc

Y7w6Oeon

KdBe B£on mou e€eTdleTal oTov Tivaka katakepuaTiopoU givar avedpThTn amo
TIG UTtOAoITteG BEaeIg Tou Trivaka, kal h TIOavoTnTa va miAeyei gia KaTelAnguévn
©¢on civar ion pe Tov Tapdyovta wopTou (a).

H uméBeon auth dev eival owaTh yia Toug akdAouBoug Adyoug:

QO Aiadoxikéc Béoeig pmopei va e€apTwvTail Pe KATTOI0 TPOTIO.

Q Eivai adUvaTto va e€eTaotei n idia Béon 2 opéc.

01600, TOAMEC POPEC TETOIEC UTTODETEIC PAC ETIITPETIOUV VA TIPAYHATOTIOI0UKE
Hadnuarikég avaAloeIg TToU TTEPIYPAPOUV IKAVOTIOINTIKA Th CUUTIEPIQPOPA TOU
ouoThAparog (6mwe auTth kaBopileTal améd melpapaTikA HEAETN).

Elocaywyh n KAV ot wivaka KaTakeppartiopol peyéBouc m, dedopévou OTI
n uwdBeon civar owoTn

a, = i/m, i < n: mBavoTNTa clUYKPOUAGNG HETA TV E10aYWYN i KAEIIWV

HY240 - TavayiwTta @atoUpou 18




Katakeppatiopdéc pe Avoikti AiguBuvaiodétnon
AimAéc Karakeppariopdc

TTARGo¢ mpoomeAdoswv OTR WPVAUN Yid TNV €KTEAeon upn  emITuxnpévng
avalntnong

To avapevouevo MARBo¢ mpoomeAdocwv oTn UVAUN yid Thv €KTEAEon Wiag pn
emTuxhuévng avalAtnong av h-1 kAeidid éxouv Adn eloaxBei oTov Tivaka
KaTtakeppariopouU eivar:

U, =1*(1 - a, ) + 2%a, *(1-a, )*30a,2(1-a, ) + ..
=l+a,,+a,2+..

=1/(1-qa,,)

TTARGo¢ mpooreAdoswy aTh HVAKN Yia ThV eKTEAEoNn emiTuxnpdévng avalATnong
IooUTal ye To avapevopevo TARBoG TpooTeAdoswy aTn UVAUN Yid ThY EKTEAEON TNC
€10ayWYNG KABe evog amod Ta h KAe1did.

To avapevopevo MARB0OC TpooTeAdoewy 0T UVAUN Yid TV £10AyWYRA ToU i-00ToU
KA€1d100 = avapevopevo TAROo¢ mpoomeAdoswy aTn UVAUN Yia Thv eKTéAEon Widg

HNn £MITUXNHEVNG avaZr'\Tno:\g. 1E1r0|,|é:vuug: S, ~ (m/n) (Inm - In (m-n))
S, = (/XY = (/M) = (m/n) L/ (m=i+D| = (m/n) In(m/(m-n))
BUS = (1/a,) In (1/(1-a,))
=(m/n) (Hp - Hy), 6Tou H; =1+ 3+ .+ 1/i=Ini. - n nt/J-
HY240 - TTavayiwTta &artoupou 19

U
Ta&ivounuévoc Karakeppatiopog
(Ordered Hashing)

MéBodog AAugidwv
«Ta kAe181d diathpouvTal Talivounuéva os KABs aAuaidas.

BeATiwpévn ‘Exkdoon LookUp(A,K):

Yage Tic diadoxikéc Béaeic oThv akohouBia e€éTaong Tou K, péxp! €ite va
PpeBOcei To KA€1di A va PpeBdci éva peyaAlTepo KAe1di A va Ppedei pia kevh Béan
oToV Tivaka.

2.11¢ 800 TeAeuTaieg TepiMTWOEIG, To KAEIBi Oev UTTApXEl OTOV TrivaKd.

MéBodoc¢ AvoikThc AiguBuvong
Ta kAe1d1d Ba mpémer va e10axBolv oTov Tivaka KaTtakepuariopoU £Tal WOTE:
«Ta kAe1d1d Tou ponyoUvTal Tou K aTnv akoAouBia e€étaonc Tou K, Ba
TPéTEl va gival HIKpdTepa amod 1o K».
Idéa
Av oTnv akoAouBia e€éTtaong via To kAeidi K TpoomeAdooupE KATIO10 OTOIXEIO
pe kAeidi K' > K, T6Te avTikaBioToUue To oToixeio pe kAeidi K' e ekeivo ou
éxel kAei8i K kai ouvexiCoupe pe Thv e10aywyh Tou oToixXeiou pe KAe1di K' Pdoel
NG akoAouBiac e€éTaong Tou KAe1dioU K'.

HY240 - TavayiwTta @atoUpou 20
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" A
Ta&ivounpévoc KarakeppaTiopog AVOIKTAG

TTapaTnpRoTE TIC EVEPYEIEC TTOU

AlSUeUVOloaéTnanC ekTeAOUVTaI KATA TNV €l0aywyn Tou

procedure OrderedHashTableInsert( KheiBi00 1\2" Tou 1\f‘ Tou 10!

HashTable A, Key K, Type I) { | ] — ([ | T
int pos = h,(K); — —
while (A[pos] I= NULL) { ’ || [
if (A[pos]->Key > K) { 7 R I
swap(K, A[pos]->Key); . B 56 | [ 56 | [56 || 56 | [56
swap(I, A[pos]->Info); — — 1
5 | —]
else if (K == A[pos]->Key) { . 52 |92 |[52] |52 []|52 |52
Alpos]->Info = I; , [ [ ] 9 | |90
return; , 52 12 |2 |2 ] [z |12 | [z
pos = (pos + h,(K)) mod m; A EE
} 0 [ | 90 |]10 |] 10
A[pos]->Key = K; — -

Al[pos]->Info=I; Tapadeiypa: Eotw 671 [hy(K) = k mod 10] kai [h,(K) = (K mod 3)

} +1]. AiadoxIkh sioaywyh Twy KAsidiwy 71, 52, 12, 56, 1, 90, 10,
19 o¢ évav mivaka katakeppatiopou 10 Béocwy.
HY240 - TTavayiwTta &artoupou 21
[ |

Taivopunpévoc Katakeppatioog AVOIKTAC
AiguBuvoiodéTnong

19
Type OrderedHashTableLookUp(HashTable A, Key K) {
int pos = hy(K);
int STCP = hZ(K), //via va pnv umroAoyiCoupe Siapkwg Thv h,(K) péoa oth while 71
while (A[pos] = NULL && A[pos]->Key < K) do %
pos = (pos + step) mod m;
if (A[pos]!= NULL && A[pos]->Key == K) 52
return A[pos]->Info;
else return NIL; 90
} 12
AoKknon yid To omiTI 1
IxvnAatioTe Tnv ekTéAeon Tng OrderedHashTableLookUp(A,71), 10

OTToU A 0 TTivakag Tou oxXNAHATOC.
IxvnAatioTe Tnv ekTéAean Tng OrderedHashTableLookUp(A,91),
OTToU A 0 Tivakag Tou oxXNAHATOC.

HY240 - TavayiwTta @atoUpou 22




Ta€ivounuévoc KarakeppaTiopoc AvVoiKTAC
AiguBuvoiodéTnong

» H TeAIkA Hop@A ToU TTivaka KATakepuaTiopoU, HETA TV €10AyWYR O€ AUTOV
(Bdoel ThG TEXVIKAG Tou Tagivounuévou KaTakeppaTiopol) evog ouvéiou
KA€1d1Wwy, Ba civar n idia ave€apTATWGS ThG ocIpdg e Thy oTtoia Ta kKAei1did autd
€lodyovTdl 0TOV TivaKd.

YndOeon
H mBavéTtnTa va emiAeyei éva cuyKekpipévo KAEIdi améd To XWwpo KAEIdIWy eivai
n idia yia 6Aa Ta KA€181d Tou XWpou.

Tore:

O avapevopevog xpdvog S, via pia emiTuxnpévn avalitnon dev aAAdel.
O avapevopevog xpovog U, yia pia pn emiTuxnpévn avalitnon peiwveTat.
Tivetar wepimou idiog pe S,

Apa:
S,~U,~(1/a,) In(1/(1 - a,)).

HY240 - TTavayiwTta &artoupou 23

-
KatakeppaTtiopéc - Aiaypagpéc

MéBodo¢ aAuoidwyv
YAomoigitar eUkoAa. TTwg?

MéBodoc Avoiktic AisuBuvoiodéTnong
‘Eva kAe1di dev pmopei va diaypagei aphvovtag amAd Tn Béon Tou kareixe
ddcia. Nari?

Tlapadeiypa

‘EoTtw 671 XphoigototoUpe Th HEB0Bo TG ypaupikAG avalATnong.

‘BoTtw 671 300 KA£131d pe Tnv id1a PacikA/TpwTapXIKA TIUA KATAKEPUATIOHOU
glodyovrai oTig Béoeig j kal j+1 evog Tivaka KATAKEPHATIOHOU Kdl OTN OUVEXEID
auté otn Béon j diaypdypeTar.

To dAAo Ba peivel ath Béon j+1, aAAd n LookUp() Ba araparrioer 6Tav Pper Tn
Béon j kevi. AuTo Ba odnyrioel Tnv ev Adyw LookUp() e AdBog amokpian!

Thi@avi Abon

IMa kdBe Béon Tou mivaka umtdpxe!l éva bit, mou ovopdletal Deleted kai pmopei
va sivai €ite O f 1. Apxikd dAa autd Ta bits civai 0. Av diaypdyoupe KATI amd
pia Béon Tou Tivaka, ©éToupe To bit Tng Béong authg ot 1. H LookUp() dev
Tepuatilel og ddeleg Oéaeig yia TiI¢ omoieg To Deleted bit givai 1.

HY240 - TavayiwTta @atoUpou 24
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Enekraoipog Karakeppariopog (Extendible Hashing)

v H péBodoc evdeikvuTal yida Thv amoBhkeuonh aToixXeiwv ae deuTepeliouaa

HvAUN diokou.

v O1 8iokol eival ToAU Tio apyé¢ Hovddeg amoBAKEUONG CUYKPITIKA HE ThV
KUpia pvAun. Ma 1o Adyo autd, Ta dedopéva opyavwvovTdl o€ oeAideg
(pages), 3nAadn amoBnkeUovTal o€ opddeg ouvexopevwy Bégewv
amoBnKeUONG, Ta TTEPIEXOHEVA TWV OTTOIWY HETAPEPOVTAl OTNV KUpIA HVAUN
otav IntnBci h avdakThon K n TPoTTOTTOINGN KATIOIWY €§ AUTWV.

OAIké PaBoc D(S) evéc ouvoAou S KaAcital To HIKpOTEPO HAKOC TTPOBEUATOC
TWV TIHWV KATAKEPHATIOHOU TWYV OTOIXEIWY TOU S, TTOU ATtaITEITAI yid va
Xwp1oOoUv Ta oToixeia auTtd oc opddec e b oToixeia To TOAU o KdBe pia,
oTIou 6Ad Ta aToixeia piag odddag éxouv Koivo mpdOepa phkoug D(S) bits.

Tapadeiypa
Botw 611 b = 4 kai 611

S = {6 (00110),, 9 (01001),, 14 (01110),, 17 (10001),, 5 (00101),, 7 (00111),,
16 (10000),, 20 (10100),, 18 (10010),, 19 (10011),, 4 (00100),, 11 (01011),}.
Eivai D(S) = 3 kai o1 opddec mou dnpioupyolvTai givai ol e€AG:

{00110, 00101, 00111, 00100}, {01001, 01011},
{10001, 10000, 10010, 10011}, {10100}

HY240 - TTavayiwra &aroupou
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Ewekraoipoc Karakeppartiopnoc

To alvoAo S amoTeAciTal amo TIG TIHEC
KATAKEPHATIOHOU TWV KAEISIWY TwY
OTOIXEIWV TTOU amaITEiTal va amoOnkeuTouv.

Mia ouvdpThon KatakepuaTiopoU ameikovilel
kdBO¢e kAe18i K oc pia akoAouBia amé bits
phAkoug L. H akoAouBia auth ovopdleTai
TIUA KaTakeppaTiopol Tou K.

Bpiokoupe To D(S) kar oxhuatifoupe
TIC opddec oToixeiwy, dedopévou OTI
KdOe pia pmopei va éxel To TOAU b oToixeia.

‘Evag emekTdoipog wivakag Karakeppariopou

eival pia dopn dedopévwy dU0 eTITESWY.

KatdAoyog

000
001
010
o1
100
101
110
11

—

L (j+—KEVA oeAida

,{00110, 00101, 00111, 00100}
> {01001, 01011}

{01110}

{10001, 10Q00, 10010, 10011}
1 {10100},

K

un Kevég oeAideg

D=3

Zxfhua 1

AmoTeAeiTal amd évav kartdhoyo (directory) wou dnpioupyei Tn Sopn uPnAol emiTéSou
Kal éva oUvoAo amd oeAideg, KABE Hia ek Twy OToIWY amoOnKeUel [ia dIAPOPETIKA
opdda oToixeiwv (cUPQWVA PE ToV TPOTIO TTOU AUTEC OXNUATIOTNKAV TTapamdvw).

To D = D(S) ovopdletar paBog Tou eMEKTATIHOU TTivaKa KaTAKepUaTiopoU.

O katdAoyog civar évag mivakag peyéOoug 2P ou Xpnoidomolcital yia Thy 3€ikTod4Thon

Twv oeAidwy (Zxhua 1).

HY240 - TavayiwTta @atoUpou
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* A
Ewekraoipoc Karakeppariopog

¥
Eivar Suvaré va ouvevwOolv oeAideC e ouvoAiké 000 | — 7
TARB0G oToIxeiwv < b Kal HIKPOTEPO KOIVO 001 | —I* {00110, 00101, 00111, 001003
mlaéesua. 'l:o TpdOepa autd KaAcitai 010 | — 201001, 01011, 01110)
PaBo¢ oeAidac. ot1
TMapadeiypa (Zxhua 2) —] s
{01001,01011.01110} {01110} = 100 _: {10001, 10000, 10010, 10011}
{01001, 01011,01110,01110} 101 {1010013
TéTolou €idoug aeAideg xapakTnpilovTral wg 1o \\A{}z
@IAIkéG aeAidec (buddies). m — S wiua 2

Xnua

ZuykeKkpipéva, Ta aToixeia @IAIKWY aeAidwy diapépouv

0TO TeAEUTAiIO YN@io Tou TTPoBEPATOC TOUG.

Av To PpdBoc¢ d piag oeAidag civar pikpdTEPO amd To PdBog D Tou Tivaka KatakepuatiopoU,
T67e 209 JeikTeC oe ouvexdpeveg Bégeig Tou Tivaka Ba Seixvouv aTn oeAida auTh.

To péyioto PdBoc peTall Twv Pabuv Twy oeAidwy 1coUTal pe D.

Ta kdBe d < L, ouppoAiCoupe pe hy(K) Ta mpwra d bits Tou h(K).

EUpeon oeAidac mou wepiéxel To KAeidi K

Ymohoyiapég Tou hy(K)

O 3eikTng mou mepixeTal ato A[hp(K)] 08nyei aTnv oeAida oThv omroia Ba Tpémel va givai

amoBnkeupévo To dedopiévo HY240 - TTavayiwra ®atoupou 27

" J
Enekraoipog Katakeppariopog LEL

{00110, 01001, 10001,

Eioaywyég 101000
1. EkreAolpe pia avalAThon, WoTe va evToTioTEi N ogAida
TomoBeTAOEWG p N omoid éaTw OTI éxel pABog d. Eioaywyr Tou 11100
(Apxika D=0 kai umtdpxe! pia pévo
oeAida oTov mivaka Tou Tepiéxel 6Aa Ta dedopéva. D=1
O katdAoyoc mepiéxel £vav povo deikTn atn aeAida ol —t—{00110, 01001}t
auTh Kai 'éAag ol ava(n‘rr'\galg KaTanouv €KEi. ) ’ 1 t10001, 10100, 11100}
2. Av Ta TARBOC Twv OTOIXEIWVY TTOU gival amoBnkeudéva

oTnv p eivai < b, To véo aToIxX€io TOTOBETEITAI ATV p KAl 0 AAYOPIBLOG TeppaTiCel.

3. Aiayopetikd, ouppaivel uTepxeiAion kai n p Ba mpémel va xwpioTei oe dUo oehideg. O
XWPIOWOG viveTal pe abnon Tou Paboug Tng p oThv TiPA d+1 kai pe Tn Snpioupyia piag
véag @IAikAG oeAidag p' pdBoug emiang d+1.

4. Ta (b+1) kAeid1d TG p KaTavépovTail oTIG p, p' pdoer Twy d+1 TPWTWY YnYiwv Toug.

5. Av auté dev emiAUoel To ipdPpAnua (3nAadn av 6Aa Ta b+1 kAeidid aviikouv kai TdAI og
pia amé Tig p, p', £0Tw aTny p'), OéTw p = p’ kai d = d+1 kar emavaAappdvw To BApa 3.

6. Av yetd ané D-d emavaAiyeig, n uttepxeihion dev €XEl QVTILETWTIOTEI, gival
avaykaiog o 31Aaciaopég Tou katahdyou (8nAadh To oAiké Ppabog ahAdlel oe D+1). O
vEOC KaTdAoyog deikTodoTeiTal amd JeikTeg TG HopYng xX..xx1 A xx..xx0.

7. TlepioodTepol TOU £VOC DITTAACIACHOI TOU KATAAdyou MD %
pTopei va anaitoUvTal av To poépAnua dev emiAuBEi.

HY240 - TavayiwTta @atoUpou 28




[oon10 | [[eorto om001 | [oori0. 0100101110 |

Emrekraoipoc T
Karakeppatiogog . - e

Eicaywyn

Tapadeiypa

Aiadoxikéc eioaywyéc Twv
6 (00110), 9 (01001), 14
(01110), 17 (10001), 5
(000101), 7 (000111), 16
(10000), 20 (10100),18 i
(10010), 19 (10011), 4 = E
(00100), 11 (01011) o¢
ETEKTACIYO TTivAKA
KATakepHATIOHOU.

00110, 00101, 00111

10001 10000, 10100, 10010

" J
Enekraoipoc Katakeppatiopéc - Aiaypagph

O1 evépyeleg TTOU TIPAYHATOTIOI0UVTAI €ival KOUUHETPIKES» TNG AcIToupyidg TnG
€10ayWyng.

1.

w

EkTeAolpe pia avalATnon, WaTe va evromiaTei n geAida p oTnv omoid eivai
amodnkeupévo To Ttpo¢ diaypaphi kKAcidi. Eotw 6TI h ocAida auTh éxel
pdadocg d.

. To aToixeio diaypdpeTal amé Thv p.
. TTpoomeAdCeTal n @IAIKA aeAida, £oTw p', ThG p (edv uTtdpxet).
. Eav 1o ouvoAiké TAWBoG oToixeiwv Twy p,p' gival < b, Ta amoBnkeloupe

0Aa oTnv p peiwvovrag To PdBog Tng oe d-1. O SeikTeg ToU éde1xvav
aTIG p,p' TPIV TNV ouvévwan, deixvouv TWpa kai ol dUo aTnv p.

. Eav petd tn peiwaon, dAec o1 oghidec £xouv PpdBocg < D, ToTE

umtoditAacidfoupe Tov KAtdAoyo Kai Ta amoBnkeupéva oToixeia
KatavépovTal aTig aeAideg Aaupdvovtag ut' éyiv To ToAU D-1 yneia.

. O katdhoyoc umodiTAacidleTal, diatnpwvTtag yia kaBe {elyog Béoewv

™G Hoppiig SogpX0 Kan Sl wa Bean g wopec i
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000 .—H 00110, 00101, 00111, 00100 F 000 = 00101, 00111, 00100
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. o011 | o] o1 [
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110 110
B 2=

)

"
2uvaptnoeic Karakeppariopou

AmodoTikéC ZuvapThoeic KatakeppaTtiopol

IkavomoloUv Thv Tapadoxn Tou ammAoU oloIOHOPYOU KATAKEPHATIOHOU:

«@a mpémel va eivail e€icou mBavé n TIUA KaTakeppaTiopol Tou KaBe kAeidioU va
cival omoiadhmote amé Ti¢ Tigéc {0, ..., m-1}, avedpTnTa amd Tig TIpéG
KATAKEPUATIOUOU TWV UTTOAOITIWY KAEISILUY.»

2 uvhBwc dev givar duvaTd va eAéyEoupe av 10XUel auTh n TTapadoxA:

Q Zmaviwg yvwpiloupe TNV Katavouh miOavoTNTag Tou akoAouBoUlv Ta KAeidid.
O Mmopei autd va pnv eival ave€dptnta petall Toug.

2 € 0pIOPEVEC TIEPITITWOEIG, N KATAVOUA TWV KAEIBIWY gival YVWOTH.
Tapadeiypa

Av yvwpiCoupe 6TI Ta KA£1d1d gival Tipayuatikoi apiBuoi katavepnuévol
avefdpTnTa Kai opotépopwa ato didoTthua [0,1), TéTE h cuvdpThon
kartakeppariopou h(K) = LKmJ ikavomoiei Tn cuvBrkn Tou amAol opoidpoppou
KaTakeppariapou.

2.Thv Tpd€n, ouxvd dnpioupyoUE cUVAPTACEIC KATAKEPHATIOWOU HE KAAR
oupTtepipopd Paci{OPevol O EUPIOTIKEG TEXVIKEC.
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" JJEE
Epunveia Twv kAeidiwv weg Buoikwv ApiOpwy

O1 Tep1006TEPEG OUVAPTAOEIG KATAKEPUATIOHOU TTPoUToBETOUV OTI 0 XWPOC TWY
KA£1B1WY gival To oUvoAo N Twv QUOIKWY ap1Buwy.

2uxvd auté dev 1oxVel = Ba mpémel va Ppedei TpOTOC va UeTaTpamei To
€KAOTOTE KAEIBi 0 YUOIKO apIBOpé.

Tlapadeiypa
‘Eotw 671 éva KAe1di églsi\(al ahpapiBunTiké (string).
YmoAoyiCoupe To Zi:o ar', 6mou

= p: HAKOG Tou aApapiOuNnTIKoU

" r: 10 TAROOC XapakTApWY aTov KWaiKa (T.X. yia Tov ASCII, r = 128 f 256)
* ¢;: 0 Kwdikog (T.x. ASCIT) Tou xapakThpa i (6Tou o xapakTthpag O eivai o
de€10TEPOG Kal 0 XapakThpag p-1 eival o apioTepdTEPOG).

H ouppoAoocipd ekppdleTal wg aképaiog aTo apiBunTikG cuoTnua pe pdon To
128 (agol o TANBUKAG apiBudc Tou cuvorou xapakThpwy ASCIT eivai To 128).
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=
2uvaptnoeic Karakeppariopou

Karakeppariopdc paoel Tne mpd€nc tne Aiaipeong

ZuvdpThon katakeppatiopoU: h(K) = K mod m,

‘Omou m cival To péyeBog Tou Tivaka katakepuatiopoU Kat K éva kKAe1di
oto U.

ZKOTOG: ATOQUYR CUCTNUATIKWY GUYKPOUGEWY 0 TTEQITTTWOEIC TTOU Td
KAE101d emIAéyovTal Pe éva OUOTNHATIKA ph TUXAio TPOTO.

TTapadeiypara

1. Av 1o m civai r i r2, To amotéAcopa Tng didipeong civai o KWAIKOC
ToU £vO¢ N Twy 800 TeAeuTdiwy XApaKTAPWV.
Opwcg, amo Ta ypdupara Tou aAhgedpnrou eivai oAU Aiya autd mou
oUVABWC ouvavToUvTal W¢ TEAEUTAIOI XAPAKTAPEG AEEcwv.

2. Av 1o m civai dpTiog, h TigA h(K) Ba civai dpTia A TTepITTA avdAoya pe
TO av 0 TEAEUTAIOC XAPAKTAPAC OTO AAQPAPIOUNTIKG €XEI TIEPITTO R
dpTio KWOIKO.
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2uvaptnoeic Karakeppariopou

Kartakepyariopég Ppaocer Tng mpagng tng Aiaipeong

To m emAéyeTal va gival TpuwTog apiOuocg.

Emiong, civai kaAUTepo To m va pnv didipei Toug rk+a, rk-1 yia pikpéc otaBepéc
k kai a.

Tlapadeiypa
‘Eotw m = r-1 kai éoTw 671 0 r-1 €ival mpwTog. ToTE:

LN

=l

crimod(r-1) = (f(qrimod(r ~D))mod(r —1) = (fc,)mod(r )

i=0 i=0

T
o

MTopei va amodeixOei emaywyikd TTwg, yia KAOe i,
i-1 j
i mod (r-1) = (1 + (1) ) =o' Ymod (r-1) = 1.

Apd, av m = r-1, 6Aec o1 peTaBéoeic Tou idlou ouvoAou XapakThpwv (T.X.,
ABC, BCA, CBA, kAT.) £xouv Tnv idia TIUA KATakeppaTiopoU.

HY240 - TTavayiwTta &artoupou 35

JE
2uvapTtnoeic KarakeppariopoU

Katakeppariopdc paoel tng mpa€ng Tou TToAAawAaciacpoU

1. TToAAamAacidloupe To KAe1di K pe pia dppntn otaBepd A oo didoThua
0 < A <1 kai kpaTtdpe To dekadikd HEPOC Tou Yivopévou KA.

2. TToAAamAacidloupe auTh TNV TOOOTNTA HE M KAl TIAIPVOUHE TO KATW AKépaio
UEPOC Tou amoTeAéoUATOC.

Zuvaptnon Kartakepparopol
h(K) = Lm(KA - LKA/

O H mooétnta KA - LKA eivai To 3ekadiké pépoc The moaéTntac KA.

Q H péBodog pmopei va epappooTei pe oToIadATIOTE TIUA TG 0TaBepdc A
dedopévou O6TI To A eival dppnTog apiBuoc.

QO AmodeikvUeTal 4TI av To A cival oTol0aGdATIOTE dppNnTOC ApIBUAC TOTE
yid dpKeTA peydAo n, Ta dekadikd pépn Twy apiBuuwv A, 2A, 3A .., hA
Katavépovral oxXedov opotopopea oto didothua petalu O kai 1.

QO MNa mapddeiyua, n Tipwh A = (vV5-1)/2 = 0,6180339887... (golden
ratio) Bewpeital pia KaAR emiAoyA.

TTAeovékThpa ThG eGS0V
1. H miph Tou m dev éxel kaBopIoTIKA onpacia. To m Umopei va givar akéun kai

dUvapn Tou 2.
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2uvaptnoei¢c KarakeppariopoU

TéAeiog Karakeppariopdg Zratikwyv Aedopévwy

Q Av yvwpilape €€ apxhc Ta kAe1d1d Tou B£Aoupe va amoOnkeuToly,
iow¢ va ymopoUaodpe va oxedIdooUpE Hid ouvdpThon KATAKEPHATIOHOU
IOV va aTroPeUYEl EVTEAWC TIC OUYKPOUOEIG.

Q ‘Exouv avamTtuxBei didpopeg TEXVIKEC yia Thv eUpean TEAEIWY
OUVAPTROEWY KaTakepHaTiopoU yia dedopéva oUvoAa KAEISIwy.

O H péBodog éxel meplopiapévn e@appoyn, dpoU cuvABWCE To oUvoAo
Twv KAe1di1wyv dev gival yvwoTd kai Ta dedopéva aAAdlouv duvapikd.
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KaBoAikéc KAaoeic ZuvapTnocwv Karakeppartiopou

TTpopAnua

‘Evag kakopouhog avtimarog (adversary) o omoiog yvwpilel Th ouvdpThon
KATAKEPHATIOUOU TTOU XPpNOIHoTIOIET évag aAyopiBuoc umopei va emiAégel Ta
TPOoG amoBnKkeuon KAcId1d £To1 WaTe va £xouv 0Aa Thv idia TIUA
KATAKEPUATIOHOU.

® Ze auTh Thv TepiTTWON N xpovikn ToAuTtAokoTnTa Tng LookUp() eivai
YPAUUIKA aTO N,

EmniAuon TTpoPpAnuarog

EmiAéyoupe Th ocuvdpThon KaTakeppaTiopol Pe Tuxdio TpdTo, avedpTnTo améd
Ta KA€181d TTou TpOKeITal va amoOnkeuBoUv TeAikd aTh douf KaTakeppaTiopou,
amd Hia TpooeXTIKA axediaopuévhn KAAon ouvapTACEWY KATa TRV eKKivnon Tng
ekTéAeong. H mpoaoéyyion auth ovopdletal KaBoAIKOC KATAKEPUATIONOGC
(universal hashing).

Abéyw Tng TUXAIOTNTAC, 0 aAYOPIBLOG UTTOPEi va CUUTTEPIPEPETAl B1IAYOPETIKA
oc KAB¢e eKTEAEON, AKOUN Kal yid Thy id1a cicodo.

®» Me Tov TpdTo auTéd e€acpaAileTal KaAR avapevépevn emidoon yia
omoladnmoTe €igodo.
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* JE
KaBoAikéc KAdoeic ZuvapTnoswv
Karakeppariopou

Opiopog

‘Botw H pia memepaopévn ouAAoyYh cuvapTAoEwY KaTakeppaTiopoU ol
omoic¢ ameikovifouv éva dedopévo XWwpo KAeidiwv U ato didaTnua
{0.1,...m-1}.

Mia Tétoia guAhoyn AéyeTal kaBoAikn edv yia kdBe (elyog
d1a@opeTIKWY KAeidiwy Kk, € U, To TARGo¢ Twy ouvapTATEWY
katakeppatiopol h € H via 1i¢ omoieg h(k) = h(l) civar pikpdTepo h
ioo Tou |H|/m.

TTapaTtnpnon
Me Hia ouvdpTnon KATakepUATIOHOU TToU €TTIAEYETAI TUXAia amé Hia
KaBoAIKR KAdon cuvapThoewyv H, nh mBavoTnTta va cupPei pia
oUykpouon PeTalu dUo diaopeTIKWY KAIdIWwy k kai | givan HikpdTEPN
f ioh Tng MBavoThtag 1/m va cuvéPaive pia olykpouoh av Ta h(k)
kai h(l) emAéyovrav Tuxaia kai ave€dptnrta petall Toug améd To
ouvoho {O,... m-1}.
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" J
KaBoAikéc KAdoeic ZuvapTnoswv
Karakeppariopou (universal hashing)

Ocwpnya: EoTtw 6TI emMAéyoupEe Wid ouvdpTnon KaTakeppaTtiopol h amoé
pia kaBoAikA kAdon ouvapTAoewv H kai éoTw 6TI Xpnoipotoiolue Tnv h
yia va amoBnkeUooupe n KAeIBId oe évav Tivaka KATakEpUATIoUoU A Twv
m Béocwv mIAUOVTAG TIC ouyKpoUoeIC e Th HéB0do Twy EeXwpPIoTWyY
aAucidwv.

1. Av éva kA€1di k dev PpiokeTal aTov Tivakd, TOTE TO AVAUEVOUEVO
urkog E[ny ] Thg aAuaidag othv omoia amoBnkeveTal To K eivai
HIKPOTEPO W i00 TOU d, OTTOU a 0 TTapdyovTag popTou.

2. Av T0 KA£1di k PpiokeTal aTov Trivaka KaTakeppaTiopol, TTE To
avauevépevo phkog E[hyy] Tng aAuaidag mou mepigxer To k eiva
HIKpOTEPO 1 i00 Tou 1+a.

Tapathpnon - ZuppoAoypagia

» O1 avapevopeveg TIHEG avagépovTal aTi¢ SIAYoPEC OUVAPTAOEIG
Katakeppariogou. Acv éxel yivel kdmoia Tapadoxh doov apopd Thv
KATavoun Twv KAEISIWY.

» ZuppoAiCoupe pe hy,, To pAkog TNG aAucidag mou JeikTodoTei 0 deikTng
n¢ ©éon h(k) Tou A, émou k eivai éva omoiodhimoTe KAe18i oo U.
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"
KaBoAikéc KAaoeic Zuvaptnocwv Karakeppartiopou

Anddeifn Oswphparog
Ta kdB¢e LelUyoc diagopeTikWwy KAe1diwv k kai |, opiCoupe Thv (dcikTpia) Tuxaia
HETAPANTA {1 av h(k) = h(l)
Xkl = .

0 JdpopeTikd
Acedopévou 611 n mBavdTnTa oUykpouong 3Uo oTrolovBATIOTE KAEIBIWY eival €€
opiapoU HikpdTepN 1 ion Tou 1/m, éxoupe Prih(k) = h(1)] < 1/m.
Apa, E[X,;1= 1* Pr[h(k)=h(1)] + 0 * (1-Pr[h(k)=h(1)]) < 1/m.
Ta kdBe kAe1di k, opiCoupe Tnv TUXaia HETAPANTA Y, n oTroia 10oUTal He To TANBOG
Twv 81aPopeTIKWY KAeId1ILWv amd To k Tou amoBnkevovTail othy idia O£on Tou
Tivaka katakeppariapoU pe 1o k. ToxUer 6T Yk = Z XkI

leA

1k
Eroutvus:  E[Y,] = E[Y X,]= Y E[X,]< >~
Ik 1k 1=k

Avk gA, ng =Y ka [{l € Akarl=Kk} =n. Emopévwg, E[n, ] = E[Y,]<n/m=a.

Av k €A, emeidi 1o k avhikel otnv ahuagida A[h(k)] kai To TARBoG YK dev
mepiAappdver 1o k, £xoupe Ny = Y+l kat [{I € A kai | # K} = n-1. Emopévwg,
E[nh(k)] = E[yk] +1< (n'l) /m +1=1+a- 1/m < 1+a.
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" J
KaBoAikéc KAdoeic ZuvapTnoswyv

Karakeppariopou

TTépiopa

H péBodog Tou kaBoAikoU kaTakeppariapoU ae ouvduaoud pe Tn péBodo emiAuong
OUYKpoUaewv Twv {eXwpIoTwy aAucidwy oc Tivaka pe m Béaeic e€aopahilel 6TI o
avapevopevog Xpovog d1eKTepaiwong omoldagdnTToTe akoAouBiac h AsiToupyiwv
Insert(), LookUp() kai Delete() o1 omoieg mepiAappdvouv O(m) AeiToupyieg
Insert() civai ©(n) (dedopévou 0TI h XPOVIKA TOAUTTAOKOTNTA UTTOAOYIOHOU
0T01a0BATIOTE OUVAPTNONG KATAKEPHATIOWOU TG oikoyévelag H eivar O(1)).

Anddei€n

O AgoU To TARBOC TwV AciToupyiwy gioaywynhg civar O(m) 1oxUer 6T

n = O(m) ka1 emopévwg a = O(1).

O Bdoel Tou OcwpAUATOC, 0 AVApHEVOHEVOC XpOvoC Yia KaBe avalhThon civar O(1)
(apou a=0(1)).

Q Emopévwe, o avapevopevog Xpovoc vid Thv eKTEAEON OAWY TWV AEITOUPYIWY
givar O(n).

O To kdTtw @pdyua £2(n) TpokUTTEl amd To 6TI KAOE AciToupyia amaiTei Xxpovo
Q).
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* JE
Anpoupyia piac Ka@ohikigc KAdong
2Zuvaptnoewv Karakeppariopou

EmiAéyoupe évav TpwTo apiBp6 p ApKeTA HeydAo WwaTe OAa Ta duvatd kAeidid K va
ppiokovTai oto didothya {O,.., p-1}.

Ocwpnua

Ma kdBe ap1Bpé a € {1,...p-1} kai b € {0,... p-1} éoTw h, ,(x) = ((ax+b) mod p) mod m.
Tote, 0 oOvoro ouvapThcewy H = {h,,: 1 <a < p kar 0 < b < p} eivar pia kaBoAikA
KAdon ouvapTAOEWY KATAKEPHATIOHOU.

Anddei€n

Xpnoigotolei emixelpApara amé tn Oswpia ap1OUwv.

Tlaparnpnoeig

v" To péyeOoc m Tou Tivaka PTopei va cival oTol0odATTOTE AKEPAIOG Kal 6XI
amapaiThTa mTpwTog, oUTE Kav mepITToc. TT.X., To m Ymopei va ivar pia dUvapn
Tou 2.

v' H péBodoc pmopei va xphoipomoinBei ae ocuvduaopd pe Th HEO0d0 Tou £TTEKTATIHOU
KATaKePUATIOHOU.
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